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Abstract: Leakage in underground structures, especially tunnels, may cause seepage erosion in the
surrounding soil, which in turn leads to ground subsidence, posing a great threat to urban safety.
The current literature mainly focuses on seepage erosion in the sand but lacks a systematic study
on the development process of seepage erosion induced by tunnel leakage in different strata. To
investigate the different seepage erosion modes induced by tunnel leakage in different stratum
types, a series of reduced-scale model tests were carried out. A coupled fluid–solid numerical model
was further established to analyze the fine-scale characteristics of different seepage erosion modes.
The results show that (1) the soil seepage erosion modes can be divided into three categories: no
soil cave, unstable soil cave, and stable soil cave; (2) the adopted coupled fluid–solid numerical
model based on DEM, which takes into account the degradation of clay during seepage erosion,
can effectively simulate the erosion process of soil with different seepage erosion modes; (3) the
phenomena of the three erosion modes are different in the process of erosion development; and
(4) the micro-mechanisms of the three seepage erosion modes are different, which are manifested in
the erosion range, soil arching effect, and displacement.

Keywords: tunnel leakage; seepage erosion; coupled fluid–solid model; model test; soil arching effect

1. Introduction

Hazards such as leakage [1] or earthquakes [2,3] in underground structures may induce
severe consequences, including surface subsidence, structure damage, and even casualties,
which seriously threaten urban safety. Among them, leakage of underground pipelines and
subway tunnels is the major cause of induced ground subsidence [4–7]. The reason for this
is that when leakage occurs in underground structures such as tunnels, the surrounding soil
continues rushing into tunnels due to seepage forces, triggering catastrophic consequences
such as ground subsidence. Recent research indicates the potential of deep learning
techniques in identifying damages within tunnel structures [8] and enhancing the resilience
of underground structures by structural health monitoring in this field [9,10]. However, to
prevent the hazards, an investigation into the mechanism is also necessary.

The essence of the problem of tunnel leakage-induced disasters is seepage erosion of
the strata. To investigate the disasters caused by water leakage in tunnels, research has been
conducted through model tests. Zheng, et al. [11] conducted a reduced-scale model test to
investigate the settlement pattern of strata generated by soil erosion after tunnel leakage
and proposed a simplified calculation formula for settlement. Guo, et al. [12] investigated
the effects of four parameters, including soil particle size, pipe crack dimension, water
height, and soil depth, on the erosion process of strata around a cracked sewage pipe. Tang,
et al. [13] selected three kinds of quartz sands with different particle sizes and carried out
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an experimental study on the erosion development process of the strata outside a damaged
sewage pipe.

In addition to the reduced-scale model tests, researchers also adopted numerical sim-
ulation methods to explore the erosion development process of the external strata after
leakage in underground structures. Due to the characteristics of soil as a typical discon-
tinuous granular material, the discrete element method (DEM) is an effective numerical
simulation method in this field. Different calculation methods of fluid are coupled with
DEM to realize the coupled fluid–solid analysis of the seepage erosion process. Zhang,
et al. [14] simulated the erosion process of soil caused by periodic water level changes using
a CFD-DEM model. Long and Tan [15] adopted a coupled FDM-DEM method to simulate
the erosion in water-rich sands due to tunnel leakage, and further analyzed the existence
of the soil arching effect in this phenomenon. Zhang, et al. [16] dealt with the simulation
of the tunnel leakage issue by first calculating the distribution of water pressure around
the tunnel when leakage occurs using FEM, and then applying the hydraulic forces to the
DEM model, to analyze the erosion of the strata induced by the tunnel leakage.

From the above discussion, it can be seen that there are already some studies on the
seepage erosion problem induced by tunnel leakage. However, the existing research mainly
focuses on seepage erosion that occurs in sandy soil strata, and less on the other types
of soil such as silt, clay, etc. The seepage erosion modes in different strata have not yet
been clarified. Actually, in many accidents induced by tunnel leakage, the erosion and
damage modes are different, but the mechanisms and development processes have not
been systematically investigated. Therefore, it is necessary to carry out research on the
seepage erosion mode of tunnel leakage in different soil types.

To investigate the damage modes and mechanisms of seepage erosion induced by
tunnel leakage in different types of strata, a series of tests on soil seepage erosion was
designed and carried out. From this, the differences in the process of seepage erosion
induced by tunnel leakage in different soils were investigated. Furthermore, through
establishing a coupled fluid–solid simulation model, the mechanisms that generate different
erosion damage modes are explored. This study is intended to provide a reference for
the prevention and control of seepage-induced disasters in underground structures in
the future.

2. Model Test
2.1. Test Design

A reduced scale model test was carried out based on recorded leakage accidents that
occurred at the entrance and exit of shield tunnels. The test was carried out in a model
box with a scale factor of 50:1. The model box is shown in Figure 1a, with dimensions
of 1400 mm × 400 mm × 1000 mm. The colored sand layers were used to visualize the
displacement of the strata. The model box consists of a soil box in the center and two
water tanks on both sides to provide water for the tunnel leakage and to control the water
level. The tunnel was buried in the soil box, which was separated from the two water
tanks by permeable plates, which meet the requirements of water permeability and soil
impermeability. Overflow outlets were set on both outsides of the tanks. Water was
continuously refilled into the tanks during the test. Due to the presence of the overflow
outlets, the water level was constant as it would flow out once it exceeded the height of the
overflow outlets. In addition to this, the interior of the model box panels was coated with
Vaseline to minimize friction between the soil and the boundary.

A leakage may occur at different locations within the tunnel. In this research, leakage
at the tunnel top is used as an example to compare the phenomenon of seepage erosion
in different strata. During the test, an opening was made at the top of the tunnel in
advance and sealed with a rubber plug. Then, at the beginning of the test, the plug
was removed to trigger water and sand inrush, as shown in Figure 1b. The size of the
openings is 2 cm × 2 cm, which is large enough to ensure that the water and sand rush in
continuously [11] since the focus of the study lies primarily on investigating the differences
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in seepage erosion among different strata. Therefore, factors such as the shape or dimension
of the opening were not explicitly considered, which will be investigated in future work.
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Figure 1. Model test device: (a) model test box (unit: mm); (b) illustration of the test process.

In order to study the difference in seepage erosion caused by tunnel leakage in different
soil types, different proportions of sand and clay were mixed to obtain different model
soils. These soils exhibit stability in their properties, with obvious differences in their
physical–mechanical parameters. The raw material of sand is quartz sand, which is stable
and free of impurities. In order to ensure that seepage erosion can occur in the soil, the sand
used in the tests has the following characteristics: d60 = 1 mm, d10 = 0.1 mm. The grading
curve is shown in Figure 2. The clay material was selected from natural clay with a cohesion
of 20.4 kPa, a friction angle of 18.5◦, and a permeability coefficient of 1.26 × 10−7 cm/s.
Clay percentages of 0%, 5%, 10%, and 20% were added to the quartz sand to make four
types of soil (A, B, C, and D). The physical and mechanical parameters of the mixed soil
with different mixing ratios are shown in Table 1.
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Figure 2. Particle size distribution curve of sand.

Table 1. Parameters of model soil.

Soil Type Content of Clay
(%)

Unit Weight
(kN/m3)

Cohesion
(kPa)

Friction Angle
(◦)

Permeability
Coefficient

(m/s)

A 0 14.7 0 40.17 2.21 × 10−5

B 5 15.1 1.81 35.56 1.33 × 10−6

C 10 15.4 2.88 35.87 8.04 × 10−7

D 20 15.8 4.28 34.16 6.45 × 10−7

The seepage process involves the interaction of water and soil particles at the same
time, which belongs to the fluid–solid coupling problem. Liu, et al. [17] pointed out through
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tests that the permeability coefficient of soil is a key parameter affecting the seepage erosion
process. When normal gravity conditions are used in the test, the similarity of acceleration
λa = 1, the similarity of density ratio λρ = 1, and the similarity of geometric length
λL = 50. Based on the above three basic physical variables, it can be deduced through the
dimensional analysis that the similarity of the permeability coefficient λp =

√
50. Therefore,

the four types of soil correspond to different types of soil prototypes based on the similar
relationship of the permeability coefficients. The prototype of soil A is sand, and the
prototype permeability coefficient is 1.56 × 10−4 m/s. The prototype of soil B is silt, and
the prototype permeability coefficient is 9.40 × 10−6 m/s. The prototypes of soil C and D
are silty clay or clay with a small permeability coefficient. The permeability coefficients of
the prototypes are 5.69 × 10−6 m/s and 4.56 × 10−6 m/s.

Gypsum is used as the material for the reduced-scale model tunnel. The dimensions
of the model tunnel adhere to a scale factor of 50:1 when compared with the prototype.
Also, the compressive strength of gypsum material in the model tunnel is 1.1 MPa, which
meets the similarity ratio of compressive strength, which is 55 MPa in the actual subway
tunnel. The model tunnel is shown in Figure 3.
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2.2. Test Results

During the test, the phenomena of tunnel leakage-induced seepage erosion in different
strata differed significantly, and, in order to facilitate the comparison and analysis, the
phenomena were processed by the Particle Image Velocimetry (PIV) technique [18]. The
phenomena of erosion in soil A are shown in Figures 4 and 5, where the green arrows in
Figure 4 indicate the direction of displacement, and Figure 5 shows the velocity distribution
field. The erosion process in soil A can be summarized as follows. (1) Stage 1: after leakage
occurred at the top of the tunnel, the water and soil mixture rapidly poured through the
opening. (2) Stage 2: an apparent displacement appeared in the soil above the tunnel, and
developed upward to the soil top. (3) Stage 3: a slip surface appeared in the soil, and the
soil top within the slip surface subsided. From the above observation, it can be seen that
the soil loss in soil type A was continuous during the whole process.

The strata response in soil B is shown in Figures 6 and 7. The process can be summa-
rized into four stages. (1) Stage 1: after leakage initiates, soil and water start to rush into
the tunnel, and seepage erosion of the surrounding soil starts. (2) Stage 2: due to the loss of
soil and water at the top of the tunnel, an initial soil cave was formed above the tunnel,
which temporarily remained stable. (3) Stage 3: the initial soil cave destabilized, and the
soil above the cave collapsed rapidly. Subsequently, a secondary soil cave was formed and
stabilized again. (4) Stage 4: the secondary soil cave destabilized and the soil above the
cave, including the soil surface, subsided instantly and impacted the tunnel.

In the test of soil B, the phenomena of the soil cave were observed after the erosion
occurred. The surface was stable during the development of the erosion. However, the
soil cave was unstable and continued to develop. Eventually, when the soil cave reached a
critical height, the soil surface destabilized and fell.

Regarding the discussion of soils C and D, it was observed that in the test, soil C
showed the same phenomena as soil D. Therefore, soil C is taken as an example for the
discussion of soils C and D.
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Its strata response is shown in Figure 8. It can be seen that after the tunnel leakage, a
soil cave appeared on the top of the tunnel, and a small amount of soil flowed out. But, after
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120 min, the soil cave remained stable without any further development, which indicated
that the stratum stabilized itself spontaneously.
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It can be summarized that the seepage erosion in the four different types of soil showed
three completely different development processes:

(1) For soil A, a slip surface developed rapidly after the tunnel leakage, which extended
to the soil top and caused the surface to subside. No soil cave was observed during the
whole process. In what follows, soil A is referred to as the no soil cave (NSC) soil.

(2) For soil B, after the tunnel leakage, soil caves were observed. However, the soil
caves were unstable and continued to destabilize and reappear with seepage erosion. The
soil surface remained stable until the soil cave reached a critical height. In what follows,
soil B is referred to as the unstable soil cave (USC) soil.

(3) For soil C and D, after the tunnel leakage, a stable soil arch was observed near the
leakage point and the soil stabilized spontaneously. In what follows, soil C is referred to as
the stable soil cave (SSC) soil.

For other soil with a clay addition higher than 10%, an experimental study by Liu
et al. [17] has provided compelling evidence of the correlation between clay content and
the stability of the soil. Liu conducted a series of seepage experiments specifically targeting
clay content, demonstrating that as the clay content increases, the soil exhibits greater
stability and resistance against seepage erosion. Therefore, considering Liu’s findings, it is
reasonable to classify soil C, D, and soil with a clay addition higher than 10% as stable soil
cave soil.

3. Coupled Fluid–Solid Simulation Model
3.1. Description of the Coupled Fluid–Solid Model

When simulating seepage erosion, consideration was given to the characteristics of
the mixed soil composed of sand and clay. For soil predominantly consisting of sand, the
erosion process involves the detachment, transportation, and clogging of particles [19–23],
driven by hydraulic forces. These phenomena were simulated with the coupled fluid–solid
model, using FDM to calculate fluid dynamics and DEM to simulate soil particles. However,
with the addition of clay, they adhere to the surface of sand particles, affecting the contact
behavior between sand particles. These clay particles are lost during seepage erosion.
Degradation caused by seepage-induced erosion of clay is considered and addressed in
Section 3.2.

Since only the damage phenomena can be obtained from the model test and the
differences in the mechanism of erosion cannot be analyzed in depth, the seepage erosion
in different strata is further analyzed by numerical simulation. From the test results, it
can be seen that the seepage erosion caused by tunnel leakage is mainly concentrated
in the vertical plane perpendicular to the tunnel axis where the seepage point is located,
so a two-dimensional coupled flow–solid model is established for simulation. FDM and
DEM are coupled in the numerical model, in which the soil is simulated by DEM and
fluid is simulated by FDM. The forces applied to the soil particles in the flow field meet
Equation (1):

∂
→
u

∂t
=

→
f mech +

→
f f luid

m
+

→
g (1)
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where
→
u is the particle velocity, m is the particle mass,

→
f f luid is the hydraulic force applied

on the particle,
→
f mech is the sum of the external forces acting on the particle (externally

exerted force and contact force between the particles), and
→
g is the acceleration of gravity.

The force
→
f f luid acting on the particles is mainly composed of the drag force generated

by the fluid [24], which can be calculated according to the following equation:

fdrag = Viγwi (2)

where Vi is the particle volume, γw is the unit weight of water, and i is the hydraulic
gradient.

To realize the bidirectional coupling between fluid and soil, the influence of the soil
on the flow field is reflected through the change of permeability coefficient. For granular
materials, the permeability coefficient can be obtained by converting the porosity, which is
based on the Kozeny–Carman equation [25]:

k =
1

CsS2
s T2

γw

µ

e3

1 + e
(3)

Here, Cs is the shape factor of the granular material, Ss is the surface area per unit
volume of the soil, T is the tortuosity factor, µ is the dynamic viscosity, and e is the void ratio.

To realize the bidirectional coupling calculation, the DEM and FDM joint calculation
method is adopted in the model, as shown in Figure 9. The DEM analysis was performed
with the commercial DEM software PFC 5.0 [26]. The FDM calculation was performed with
the commercial FDM software FLAC 5.01 [27]. The influence of the flow field on particle
behavior is simulated by calculating seepage forces in the FDM model. These seepage
forces are then applied to the particles in the DEM model to simulate the effect of the
flow field on particles. Conversely, the impact of particles on the flow field is achieved by
altering the permeability coefficient in the FDM model. Soil particles undergo movement,
resulting in changes in their porosity, which is then converted into a permeability coefficient.
The corresponding adjustment of the permeability coefficient in the FDM model enables
recalculating the flow field to reflect the influence of particles on the flow field. This
method has been validated in the literature. For instance, Long and Tan [15] adopted a
coupled FLAC-PFC model to simulate erosion in water-rich sands due to tunnel leakage.
They successfully simulated the displacement and loss of soil due to tunnel leakage by
computing the flow field response with FLAC and the particle response with PFC. The
overall calculation process is briefly described hereunder:

(1) The FDM software is used to establish the fluid analysis model and the DEM
software is used to establish the soil model, respectively.

(2) The fluid mesh and node information are transferred to the DEM program and the
corresponding fluid parameters are set.

(3) The flow field is calculated by the FDM software, and the calculated pressure field
distribution and velocity are sent to the DEM software.

(4) The fluid field is read by the DEM software, and the hydraulic forces are applied to
the particles. Then, the DEM model is calculated. In this erosion scheme, the driving forces
include the gravity on the soil particles and the hydraulic force from fluid flow.

(5) After completing the calculation, the porosity of each fluid unit is read by the
DEM software and converted into a permeability coefficient, which is returned to the FDM
software to update the parameters of the flow field.

(6) The condition of termination in this model is the number of calculation steps.
Calculation steps (3) to (5) are repeated until the condition for termination is reached.

In the FDM calculation, the time step is determined using the von Neumann stability
method [28], which is commonly used to determine the time step to ensure numerical
stability.
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3.2. Seepage-Induced Erosion of Clay

Due to the extremely small diameter of clay particles, it is impossible to model clay
particles in the actual size to reflect their mechanical properties in the DEM model. However,
the presence of clay greatly affects the physical and mechanical properties of the soil,
especially because the process of seepage erosion is also accompanied by the loss of clay.
To solve the problem, clay degradation is considered within the coupled flow–solid model.

In the model test, to obtain soil samples with different properties, quartz sand was
mixed with different proportions of clay. When seepage erosion occurs in the mixed soil,
the clay that wraps the quartz sandy particles is lost, accompanied by the loss of fine sand
particles. The erosion and degradation process of the mixed soil is shown in Figure 10. In
the simulation, to reflect the process of clay erosion and degradation, the gradual loss of
clay by the seepage forces is realized by decreasing the contact strength between discrete
element particles [29,30].
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Loss of clay occurs when the hydraulic shear stress exceeds the critical shear stress of
the clay; otherwise, no loss of clay mass occurs. The lost clay mass during seepage erosion
can be calculated by Equation (4) [29,30].

m =

{
ker(|τ| − τc)

b, i f |τ| > τc
0, otherwise

(4)

where m is the mass of lost soil per unit area and time (kg/
(
m2·s

)
), b is an exponent.

Hanson, et al. [31] compiled many tests conducted on the erosion of cohesive soils, such as
open channel tests and streambed tests. Based on these tests, the coefficient b was suggested
to be 1. ker is the erosion rate, τ is the shear stress at the interface, and τc is the critical
shear stress.

In DEM modeling, when simulating soils with clay addition, the contact model is
usually chosen to be the linear contact bond model, while the contact model adopted in
simulating sands is commonly the linear model [26]. The main difference between the
two contact models is that tensile and shear bond strengths are considered in the linear
contact bond model. Therefore, it is assumed that the shear and tensile bond strengths in
the linear contact bond model come from the contribution of the added clay. When the clay
is completely lost, the shear and tensile bond strengths are completely reduced to zero and
the linear contact bond model degrades to the linear contact model.

Based on this assumption, the ratio of the reduction in the shear and tensile bond
strengths to the original strength is equal to the ratio of the mass of clay lost to the mass of
the original clay. Taking the tensile strength σ as an example, Equation (5) is satisfied:

∆σ

σ
=

∆mj_clay

mj_clay

(5)

where ∆ denotes the amount of change in the corresponding physical quantity, σ is the
tensile strength of the contact between the particles, and mj_clay is the mass of clay attached
to the surface of the particle j.

Based on this idea, the corresponding decay ratio of the contact bond strength is
further determined. Assuming that the clay is uniformly distributed on the surface of all
sand particles according to the surface area of the sand particles, all particles share a clay
content equal to the proportion of the surface area of the particles themselves. Assuming
that there are a total number of N particles and the total mass of clay is mclay, then the mass
of clay shared by the particle j (mj_clay) can be calculated according to Equation (6).

mj_clay = 4πR2
j

mclay

∑N
i=1 4πR2

i
(6)

where R is the radius of the particle.
The mass of clay lost per unit area and per unit time is calculated by ker(|τ| − τc)

b,
multiplied by ∆t and the surface area of particles of attached clay 4πR2

j , and the total mass
of clay lost in the period is obtained, as shown in Equation (7):

∆mj_clay = ∆tker(|τ| − τc)
b4πR2

j (7)

Combining Equations (7) and (5), the deterioration formulas for contact bond strength
can be obtained. Taking the tensile strength σ as an example, its decay strength after time
∆t is as follows:

∆σ = σ
∆mj_clay

mj_clay

= σ
∆tker(|τ| − τc)

b4πR2
j

mj_clay

(8)

In the DEM model, computations based on the FDM are conducted on grids. Within
each grid cell, a uniform distribution of seepage forces is assumed. Subsequently, the
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shear forces acting on particles within each grid cell can be calculated, and it is determined
whether these shear forces exceed the critical shear stress of the clay. If they surpass this
threshold, Equation (6) is utilized to calculate the necessary reduction in contact strength,
and, subsequently, the contact strength within the grid cell is adjusted accordingly.

In this method, the determination of erosion occurrence in the clay is based on whether
the shear forces generated by seepage exceed the shear strength. Subsequent calculations
are also predicated on this criterion. During the erosion process, particle velocities are
directly proportional to the shear forces induced by seepage. Therefore, the criterion of
seepage forces adequately represents the velocities associated with erosion phenomena,
obviating the need for redundant consideration of velocity as a separate parameter.

3.3. Simulation Process and Parameters

In the DEM model, the contact between the soil particles is set as the linear contact
bond model. The particle-to-particle bond breaks after reaching the bond strength and
degrades into the linear contact model. Parameter calibration was carried out by shear
tests, and the detailed parameters of the models corresponding to the three different soil
types are shown in Table 2. It should be noted that the shear and tensile strength of the
contacts in NSC is zero, so the linear contact bond model degrades to the linear contact
model. The linear contact bond model for NSC was chosen but the contact strength is set to
zero to make it consistent with the other two types of soil.

Table 2. Parameters of the model.

Component Soil Type NSC USC SSC

Contacts

Friction coefficient 0.9 0.8 0.8
Normal stiffness (N/m) 5.0 × 107 10.0 × 107 10.0 × 107

Shear stiffness (N/m) 2.5 × 107 5.0 × 107 5.0 × 107

Tensile strength (force) (N) 0 36 40
Shear strength (force) (N) 0 36 40

Particles
Particle density (kg/m3) 2700

Damping 0.7
Porosity of soils 0.4

Fluid
Density (kg/m3) 1000

Fluid bulk modulus (Pa) 2.0 × 109

From the tests, it was observed that the range of soil erosion where tunnel leakage was
induced was smaller than the size of the model test box (1000 mm × 1000 mm). Therefore,
to effectively utilize the computational resources, the size of the calculated soil model was
decided based on the region of stratum displacement that occurred in the test. Considering
the results of the model tests of the three different strata, the dimensions of the model are
800 mm in width and 660 mm in height. Based on the above considerations, the DEM
model and the FDM model were established.

The FDM model is shown in Figure 11a. The elements were divided uniformly, the
length of each element side was 20 mm, and the surrounding area of the tunnel was
adjusted according to its shape. A total of 1320 FDM elements were generated. The water
pressure boundary conditions were set according to the model tests. The tunnel opening
was set as the outlet boundary. Therefore, the pressure boundary at the opening was set
to zero. In addition, the pressure at the surface was set to zero. The other surface (i.e., the
sides and bottom) was set as walls, and the pressure was set according to the actual water
pressure distribution, as shown in Figure 11b.

The water pressure distribution in the numerical model is identical to the conditions
of the physical model tests to ensure that the numerical simulation accurately replicates
the results of the model tests. In the model tests, as illustrated in Figure 1a depicting the
model box design, water supply to the soil originates from water tanks on both sides. Upon
filling these tanks, the water pressure on both sides exhibits a gradient distribution under
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gravity, increasing gradually from the water surface to the bottom. Due to the presence of
permeable plates separating the soil from the water tanks, the water pressure at the sides
of the soil matches the distribution of water pressure in the tanks, thus demonstrating the
gradient change as shown in Figure 11b.
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If the DEM particles are modeled according to the actual particle size, the number of
particles in the model is too large for effective computation. Therefore, it was considered
to amplify the particles without affecting the properties of the soil. Deisman, et al. [32]
proposed the following equation to describe the particle size effect:

RES = (
L

Rmin
)(

1
1 + Rmax

Rmin

) (9)

where L is the length of the shortest side of the model, and Rmax and Rmin are the maximum
and minimum particle diameters, respectively. When RES ≥ 10, the size and number of
particles in the model have only a small influence on the mechanical properties of the soil.
Considering the model size and computational ability, the soil particles in the model were
enlarged by a factor of 2.5. The shortest side of the model was taken as the diameter of the
shield tunnel R = 124 mm, the maximum particle diameter of the enlarged model particles
was 2.5 mm, and the minimum particle diameter was 0.25 mm. Then, RES in this model is
45, which meets the above requirements, and the enlarged particles should not influence
the mechanical behavior of the soil. A rigid circular wall was used to simulate the tunnel.
The way of triggering the water and sand inrush was consistent with the model test by
deleting part of the wall at the corresponding position. Due to the enlargement of the
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particles, the size of the tunnel opening was also enlarged. The size of the tunnel opening in
the model test is 2 cm, and the size of the tunnel opening in the numerical simulation was
enlarged to 5 cm. The model of the strata is shown in Figure 11c. The boundary conditions
of the strata model refer to the test settings and are consistent with the tests. The walls of
the model are fixed boundaries and impenetrable to particles. There is no friction between
the particles and the wall, simulating the smooth boundary conditions in the tests. Based
on the results of sensitivity analyses on the timestep [33], the time step of the DEM was set
to be 1.0 × 10−6 s.

3.4. Model Validation

The numerical simulation results of the NSC soil are shown in Figure 12. As can be
seen from the figure, the numerical simulation reproduces the key phenomena observed
in the test. After the tunnel leakage, the soil particles were lost continuously with the
seepage erosion, and no obvious soil cave phenomenon appeared in the process of erosion
development.
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The numerical simulation results of the USC soil are shown in Figure 13. As can
be seen from the figure, the numerical simulation reproduces the phenomena of seepage
erosion induced by tunnel leakage and the development of unstable soil caves as observed
in the tests. The strata surface remained stable during the development of seepage erosion.



Appl. Sci. 2024, 14, 3908 14 of 23

The soil caves expanded upward with the development of seepage erosion and eventually
induced the strata surface subsidence.
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The numerical simulated phenomena in the SSC strata are shown in Figure 14. It can
be seen that the numerical simulation reproduced the phenomenon of stabilized soil cave
in the SSC strata as observed in the model test, which appeared in the soil near the top of
the tunnel after seepage occurred, but stabilized spontaneously with the continuation of
seepage flow.
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From the comparison between simulation results and the test results shown in
Section 2.2, it can be seen that the numerical model can effectively reproduce the seepage
erosion development characteristics of the four different soils. Therefore, the model can be
further used to analyze the key factors in the seepage erosion process induced by tunnel
leakage in different strata.

4. Seepage Erosion around Tunnel in Different Strata
4.1. Seepage Erosion Progression

To analyze the microscopic differences of seepage erosion occurring in the three types
of soil, the changes in porosity of the three different soils were compared. It should be
noted that the porosity of the assigned area was calculated by arranging a measuring
circle at a fixed position and counting the volume of the pores inside the measuring circle.
Therefore, when a little settlement occurs on the strata surface, a significant increase in
porosity will occur due to the fixed position of the measuring circle, which is caused by the
measurement error.

The distribution of porosity in the NSC soil after tunnel leakage was calculated, and is
plotted in Figure 15. It can be seen that after the leakage of the tunnel starts, the porosity of
the strata near the top of the tunnel and strata surface increases, as shown in Figure 15a.
This indicates that after the leakage, seepage erosion occurred near the leakage point, and
led to the strata surface settlement without the support of an arch. As the leakage continued,
the porosity of the soil in the range from the top of the tunnel to the surface increased
significantly, indicating that seepage erosion and loss of fine particles occurred in this area.
At the same time, the ground surface showed obvious settlement, as shown in Figure 15b.
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increase.

The distribution of porosity after the tunnel leakage in the USC soil is shown in
Figure 16. It can be seen that (1) when the tunnel starts to leak, the porosity near the
opening at the top of the tunnel increases rapidly, which also leads to a subsequent increase
in the seepage rate and an accelerated erosion process, as shown in Figure 16a. (2) After
the soil cave was formed at the top of the tunnel, the porosity of the strata inside the cave
increased rapidly due to particle loss, as shown in Figure 16b,c. (3) When the soil surface
subsided, a region of sharp increase in porosity was formed from the surface to the leakage
point, as shown in Figure 16d. It can be further analyzed that after the tunnel leakage, the
change of porosity is confined to the interior of the soil cave, and the porosity of the stratum
outside the soil cave remains almost unchanged. This suggests that the soil cave hinders
the loss of particles and causes seepage erosion to occur within the range of the soil cave.
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The distribution of porosity in the SSC soil was analyzed, and the distribution of
porosity is shown in Figure 17. It can be seen that when the tunnel leakage occurred, the
porosity near the opening at the top of the tunnel increased rapidly. After the initial soil
cave was formed, the range of porosity change outside the opening remained stable after
16 million steps, indicating that the soil body was stable.
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Figure 17. Porosity changes of SSC soil: (a) initial soil cave; (b) porosity after 16 million steps.

A comparison of the porosity changes induced by tunnel leakage in the three types of
soil shows that (1) the seepage erosion area in NSC soils extended from the tunnel leakage
point to the strata surface, with the largest area; (2) the seepage erosion in USC soils was
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confined to the inner range of the soil caves, and the existence of the soil caves prevented
the erosion of the surrounding soil; and (3) a stable initial soil cave formed in SSC soils,
which confined the erosion area to the area near the tunnel leakage point.

4.2. Soil Displacement

Based on the simulation results, the displacement of different strata during seepage
erosion was further compared numerically. To analyze the overall displacement charac-
teristics of the strata after the tunnel leakage, four layers of monitoring points were set
up above the tunnel at intervals of 100 mm from 0 mm (i.e., the top of the tunnel) to
400 mm (i.e., the strata surface). A total of 40 monitoring points were placed at intervals
of 20 mm in the horizontal direction for each layer. It has to be noted that the monitoring
point dropping to a height of 0 mm indicates the complete loss of water.

In the NSC soil, the distribution of displacements of the strata above the tunnel is
shown in Figure 18. From the figure, it can be seen that after the tunnel leakage started,
the top of the tunnel (i.e., layer 0 mm) first subsided, and, at the same time, the layer at
a height of 100 mm also started to subside. With the continuation of particle loss, the
strata at different heights above the top of the tunnel including the strata surface all began
to subside.
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Figure 18. Displacement of soil NSC: (a) start of leakage; (b) subsidence of all layers.

The settlement of the strata after tunnel leakage-induced erosion in the USC strata is
shown in Figure 19. From the figure, it can be seen that (1) after the leakage started, the
layer at 0 mm was the first to subside at the location corresponding to the tunnel opening,
but the layers at other heights remained stable. (2) After the formation of the initial soil
cave, the particles above the tunnel at the heights of 0 to 200 mm all settled, but the heights
of 300 mm and 400 mm remained stable. (3) After the formation of the secondary soil cave,
the strata at the height of 0 mm to 300 mm above the tunnel all settle down obviously,
but the surface remains stable. (4) After the destabilization of the secondary soil cave, the
surface of the strata began to settle downward.

The displacement of the strata after tunnel leakage and erosion in the SSC formation
is shown in Figure 20. From the figure, it can be seen that after the leakage started, the
layer at 0 mm settled down first at the tunnel opening position, but the other layers above
it remained stable. After 16 million steps of the calculation, the particles at 100 mm above
the tunnel settle slightly, but remain stable overall, indicating that the strata stabilized
spontaneously.

Comparison of the subsidence patterns of the strata shows the following differences
between different soil types: (1) in the NSC stratum, the subsidence after the tunnel leakage
was rapidly transferred to the surface, which was observed as overall subsidence from the
top of the tunnel to the surface; (2) in the USC stratum, the soil lost after the tunnel leakage
but the strata above the soil cave were temporarily stabilized due to the support of the
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soil cave; (3) in the SSC stratum, the strata above the tunnel leakage were spontaneously
stabilized after the tunnel leakage.
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4.3. Soil Arching Effect

The macroscopic differences exhibited by the strata of the three different erosion modes
essentially originate from the different stability behavior of soil arches, so the soil arching
effect during the erosion of the three soils was analyzed based on numerical simulations.
This soil arching effect is reflected by the contact force chain between particles in the
simulation, in which the width of the contact force chain indicates the magnitude of the
contact force.
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The contact force chain in the NSC strata is shown in Figure 21. From the figure, it can
be found that the tunnel leakage process is accompanied by the following changes in the
soil arching effect: (1) Before the tunnel leakage starts, the contact force distribution shows
a trend of large contact force at the bottom and small contact force at the top, because of the
larger vertical stress in the soil at the bottom, as shown in Figure 21a. (2) After the leakage
occurred at the top of the tunnel, the contact force chain of the soil above the leakage point
formed an obvious soil arch state, as shown in Figure 21b. (3) As the leakage continued to
develop, the stress arch was generated at a higher and wider extent, as shown in Figure 21c.
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Figure 21. Contact force chain of NSC soil: (a) initial contact stress; (b) soil arching effect after leakage;
(c) soil arch extension.

The changes in the contact force chain during seepage erosion of USC soil are shown in
Figure 22. From the figure, it can be seen that the contact force chain exhibits the following
changes, along with seepage erosion: (1) After the leakage occurred at the top of the tunnel,
the contact force chain of the soil above the leakage point of the tunnel showed obvious soil
arching, as shown in Figure 22 b, which indicated that the soil arching effect started to play
a role after the leakage. (2) As the leakage continued to develop, the stress arch destabilized,
and then arches were generated again in a higher and wider range, as shown in Figure 22c,d.
(3) When the soil arch developed to a critical height, the soil arch destabilized completely,
and there was no obvious contact force chain above the tunnel, while the surface soil
particles subsided, as shown in Figure 22e.



Appl. Sci. 2024, 14, 3908 20 of 23

Appl. Sci. 2024, 14, x FOR PEER REVIEW  22  of  25 
 

 

   
(a)  (b) 

   
(c)  (d) 

 
(e) 

Figure 22. Contact force chain of USC soil: (a) initial contact force chain; (b) soil arch generation; (c) 

reappearance of the soil arch after destabilization; (d) upward development of the soil arch; (e) soil 

arch destabilization. 

The change of the contact force chain between soil particles during seepage erosion 

in SSC soil  is shown  in Error! Reference source not found.. From  the figure,  it can be 

found that after the leakage occurred at the top of the tunnel, the contact force chain of the 

soil above the tunnel leakage point forms an obvious soil arch, as shown in Error! Refer-

ence source not found.a. After 16 million steps of calculation, the soil arching effect at the 

top of the tunnel remained stable. 

Figure 22. Contact force chain of USC soil: (a) initial contact force chain; (b) soil arch generation;
(c) reappearance of the soil arch after destabilization; (d) upward development of the soil arch;
(e) soil arch destabilization.

The change of the contact force chain between soil particles during seepage erosion
in SSC soil is shown in Figure 23. From the figure, it can be found that after the leakage
occurred at the top of the tunnel, the contact force chain of the soil above the tunnel
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leakage point forms an obvious soil arch, as shown in Figure 23a. After 16 million steps of
calculation, the soil arching effect at the top of the tunnel remained stable.
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It can be found by observing the change of the soil arching effect in different strata
that the macroscopic difference in soil cave stability originates from the strength of the
soil arching effect. Although the soil cave phenomenon cannot be observed in the NSC
stratum, the soil arching effect still exists. However, the soil arching effect of the NSC
soil is not strong enough to prevent the loss of the soil particles. In the SSC stratum, the
soil arching effect is strong and prevents seepage erosion from continuing, leading to
spontaneous stabilization. In the USC stratum, the soil arching effect is somewhere in
between, temporarily stabilizing and generating soil caves, but then destabilizing under
continuous seepage force, leading to an upward progression of the eroded area.

5. Conclusions

This study diverges from past research on seepage erosion in underground struc-
tures that predominantly focused on sand strata. Instead, the research extends to various
strata, presenting three types of erosion modes for the first time through a combination
of experimental and simulation methods. Additionally, consideration for clay seepage
erosion degradation was introduced into the coupled fluid–solid model, thus surpassing
the limitations of previous studies that predominantly focused on simulating sand soil.
This approach enabled the successful application of the method to the numerical simulation
of multiple different strata, revealing three distinct erosion failure modes for the first time.
The following conclusions were drawn from this study:

(1) Based on the differences in the seepage erosion modes after tunnel leakage, the soil
can be classified into three categories: no soil cave (NSC), unstable soil cave (USC), and
stable soil cave (SSC).

(2) The macroscopic phenomena of the three erosion modes are different: In NSC
strata, there is no obvious soil cave phenomenon in the process of seepage erosion, and the
multi-layer strata settle synchronously; in USC strata, there are unstable soil caves formed
along with the erosion, and there is almost no deformation above the soil cave until the
strata surface subside; in SSC strata, the soil stabilizes spontaneously and there is almost
no settlement of the strata above the leakage point.

(3) The coupled fluid–solid numerical model, which considers the degradation of clay,
can effectively simulate the development process of soils with different seepage erosion
modes. The DEM-based fluid–solid coupling model can be used to analyze the particle–
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water interaction phenomenon in the process of soil seepage erosion; the introduction of
the clay degradation design can further solve the problem that the clay particles are too
small to be simulated, and, at the same time, it can reflect the influence of clay particle loss.

(4) The difference between the three seepage erosion modes comes from the strength
of the soil arching effect: the soil arch of the NSC strata is weak, which cannot prevent
the development of seepage erosion, so the seepage erosion range is large, there is no soil
cave observed, and the strata show overall settlement; the soil arch of the USC strata is
stronger than that of the NSC strata, which limit the seepage erosion to the inner area of
the soil arch, and the strata over the arch are temporarily stable, but in the continued action
of the seepage force, the soil arch destabilizes and reappears until strata surface subside;
SSC strata form the strongest soil arch, which prevents the seepage erosion, and leads to
stabilization of the strata above the arch.

For ground subsidence accidents caused by tunnel leakage, different damage modes
were observed in different strata. This study explored the causes and mechanisms of
different erosion modes caused by tunnel leakage in different strata and enhanced the
understanding of the relationship between strata and erosion modes. At the same time,
the research provided practical insights and tools for engineers to effectively manage and
prevent the associated risks in infrastructure projects.

However, certain limitations in this study are acknowledged. The use of two-dimensional
numerical simulations represents a constraint, and the potential for further advancements
is recognized. In future research endeavors, the incorporation of three-dimensional nu-
merical simulations is aimed at enhancing the accuracy and comprehensiveness of the
findings. These future research directions will contribute to refining the understanding of
seepage erosion in underground engineering and improving the predictive capabilities of
the models under diverse geological conditions.
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